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CERTAIN REFLEXIVE LATTICES OF SUBSPACES OF A HILBERT SPACE
let H be a Hilbert space, let £ (H) be the set of all closed linear subspaces of H, and let </? (H) be the set of all bounded linear operators on H. To each subset cfi of cfi (H) there corresponds the set lat& of all those elements of ¿6 (H) that are invariant under every operator in Any subset of ¿S (H) such that X = Lat for some e* will be called reflexive (cf. [l] , p,258). It is obvious that the set Lat is always a complete sublattice of the lattice £ (H). (The lattice structure on X (K) is given by the inclusion, i.e., L a M = L n M and L v M is the closure of L + M, for L,M in % (Hj). We will give certain sufficient conditions for a complete sublattice S£ of H (H) to be reflexive. We get the well-known Theorems of Ringrose (cf. [3] ) and Harrison (cf. [2]) as special cases of our Theorems. The proofs given in the paper are shorter and simpler than the proofs of Ringrose and Harrison. Let ¡C be a complete sublattice of the lattice X (H) and let K be an element of £ (H). Define _4. Lemma. Let M be an element of X (H). Then the following conditions are equivalent:
The implications (1)=*>(2), (2)=> (1) and (2) 
8.
Corollary (Ringrose's Theorem, cf. [3] ). If X c (K) is a complete chain, then £ is reflexive.
_9.
Theorem. Let ie be a complete sublattice of «if (H) and let be the set of all L in X satisfying the following condition -903 - Added in proof. After this note had been submitted for publication, the paper of W.E. Longstaff "Strongly reflexive lattices", J. London Math. Soc. 11 (1975) , 491-498, was called to the author's attention, where similar results have been obtained (as in our note, Longstaff's technique is an extension of that of [2] ).
